We present new existence results for singular discrete initial and boundary value problems. In particular our nonlinearity may be singular in its dependent variable and is allowed to change sign.
the literature (see [2, 4, 5, 6, 7, 9, 10, 11] and the references therein). However, only a few papers have discussed the discrete singular case (see [1, 3, 8] and the references therein).
In [7] , the following result has been proved. there exists a function β ∈ C(N + ,R) with
(1.6)
Then (1.1) has a solution u ∈ C(N + ,R) with u(k)
In [1] , the following result has been proved. 
there exists a function α ∈ C N + ,R with
there exists a function β ∈ C N + ,R with
(1.10)
Also some results from the literature, which will be needed in Section 2 are presented.
In Theorems 1.2 and 1.3 the construction of a lower solution α and an upper solution β is critical. We present an easily verifiable condition in Section 2.
Main results
We begin with a result for boundary value problems. 
there exist h > 0 continuous and nondecreasing on [0,∞) such that
Proof. First we construct the lower solution α in (
As a result (1.5) holds, since
Next we discuss the boundary value problem
We sum (2.11) from j + 1 (0 ≤ j < k 0 ) to k 0 to obtain
Now since ∆u(k 0 ) ≤ 0, we have that is,
Then we sum the above from 0 to k 0 − 1 to obtain
Similarly, we sum (2.11) from k 0 to j (k 0 ≤ j ≤ T + 1) to obtain
We sum the above from k 0 to T to obtain
Now (2.15) and (2.18) imply
This contradicts (2.3). Thus 
Example 2.2. Consider the boundary value problem
with p = 2, α > 0, 0 ≤ β < 1, and A > 0. Then (2.23) has a solution u ∈ C(N + ,R) with
To see this, we will apply Theorem 2.1 with
Let n 0 > (2A) 1/α and c 0 = A. Then for k ∈ N and 0 < u ≤ 1/n 0 ,
2) is immediate. Also since 0 ≤ β < 1, we see that
Thus (2.3) holds. Theorem 2.1 guarantees that (2.23) has a solution u ∈ C(N + ,R) with
Next we present a result for initial value problems. there exists a constant c 0 > 0 such that
28)
(2.30)
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Proof. First we construct the lower solution α in (1.9). Let
Then (2.7) holds, and
Next we discuss the initial value problem
(2.36) From Brouwer's fixed point theorem, we know that (2.34) has a solution u ∈ C(N + ,R). We first show
Suppose (2.37) is not true. Then there exists a τ ∈ N such that
since u(0) = 1/n 0 . Thus we have, from (2.28) 
Thus, we have
. . .
(2.43)
Adding both sides of the above formula gives
that is, 
